We introduce a coefficient on general Banach spaces which allows us to derive the weak normal structure for those Banach spaces whose Banach-Mazur distance to James quasi reflexive space is less than
INTRODUCTION
Let K be a nonempty convex subset of a Banach space X. The set K is said to have normal structure if for each bounded convex subset C C X consisting of more than one point there is a point x 6 C such that sup{||z -y|| : y G C} < diam(C). We say that X has weak normal structure if each nonempty convex and weakly compact subset K C X has normal structure.
A mapping T: K -> X is called nonexpansive if ||T(a;) -T(y)\\ < \\x -y\\ for all x, y £ K. We say that X has the fixed point property (FPP) if every nonexpansive mapping T: K -* K defined on a nonempty convex and weakly compact subset K of X has a fixed point.
A classical result of Kirk [6] states that a Banach space X has the FPP whenever X has weak normal structure, but Karlovitz [3] showed that this last property is not necessary. "Nonstandard" techniques were used to show that certain Banach spaces that lack weak normal structure have the FPP [1, 7, 9] . Since Lin [7] proved positive results concerning the FPP in Banach spaces with unconditional basis and the James quasi reflexive space J cannot be embedded in a space with unconditional basis, it is somewhat surprising that the ideas arising from Lins's paper were used by Khamsi [4] to show that J has the FPP. But Tingley [11] proved that the FPP for J can be derived from Kirk's theorem [6] by showing in a direct fashion that the space J has weak normal structure. Our main result shows that J satisfies a stronger condition than that of Tingley.
We recall the following two properties each of which implies weak normal structure. A Banach space X has property (*) (see [11] ) if for every weakly null (and not constant) sequence (z n ) we have sup (limsup ||z n -z m ||) > liminf ||z n ||. Since propety (*) implies weak normal structure (see [11] ), the following result shows that property GGLD also implies weak normal structure. THEOREM 1. If a Banach space X satisfies property GGLD then X satisfies property (*) and then X has weak normal structure.
PROOF: Let (z n ) be a weakly null sequence not constantly equal to 0. We can suppose that (z n ) has a subsequence (x' n ) such that there exists 6 = lim||z n || and 6^0 , because otherwise (*) is trivially satisfied.
If we put y n = x' n /b, then we have that (y n ) converges weakly to 0 and lim ||y n || = 1, so that the hypothesis on property GGLD implies that J3[ In order to get stability results for GGLD in terms of the Banach-Mazur distance (Recall that for isomorphic Banach spaces X and Y, the Banach-Mazur distance from X to Y, denoted d{X, Y), is defined to be the infimum of ||l/|| H^" 
